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3 Xx+2z2-w=0 2 {3X—y+7z+4w=0 1
2X—-2y+2z+2w=0
X+y+3z-3w=0 —-5x +3y-152-6w=0

1INV NIV 7Y WIAINN ANIND IR W -1 190D)
2 MINNYND NIIYN 7Y YINNN ANINN DX U -1 1003

3 MINXNIVNN NOWN 7Y WINN ANIND DXV -1 190)
VU W=D 7010 9Y02 INND

.U={(ab,cd)eR‘|a=cb=d} nm (6
.U =D 1010y D02 INSND

.U ={(@ab,c,d)eR*[c=a+b,d=b+c} nm (7
.U =D 10m) 902 INSND

U ={veR*|v-(1-11-1)=0} M (8
U -5 701 9702 INSD

U ={AcM,,[R]|A=AT} ym (9
.U -5 100 902 INNND

U AM[R]Al_l 00 ™ (10
. = (S . =
2x2 l 1 0 o ]
.U -5 10 902 INND

U :{p(x)e RIR]| p(1)=0} P (11
.U -5 190 902 INNN
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AN -NND 19 DIV NNIYN

: R* apmnn Yv ©an n onn »w Hond (12
U =span{(1,1-1,2), (3-1,7,4), (-5,3,-15,-6)}
V =span{(1,-111), (1,0,2,-1), (11,3,-3), (51,5,8)}

U -9 MNNWm 100,070 INYD N
V9 MINNWUM TR D0 INSD .2

: M, ,[R] 2NN S¥ ann-nn oo (13

o-mml( (4 )

.U -5 7011 0202 INSND

: B[R] 2070 5w ann-nn ond (14
U =span{l+x—x* +2x%,4+x=x* +x%, 2= x+Xx* -3x’

.U -5 1010 D02 INND

NNYI0N NHIT ,NYI0N HY NANY AN NNY AN91IY 1917 D102 NNIYN

,INVNN DY NTIIYD AN NNYN ANINY THN) DIDL INNND 16-15 NONYI
: (rank) NXMIVNN TNIT NN VO
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NOYD Mvn

ND D ND .2 NOUN (1
30D .ND .2 NI N (2
30D .ND .2 NI .N (3
T'={(12.3),(4556),(0,01)} 2  T'={(123),(456)} a2 NI N (4

27100, {(-15,251,0),(-15,-05,0,1)} :001-W .X (5
2:71m ,{(-2,-11,0),(1,2,0,1)} :»v2- U
37101 ,{(-1,0,0,1),(-1,0,1,0),(1,1,0,0)} : 02 -V

2:7101,{(0,1,0,1),(10,10)} : 02 (6

2.0 ,{(-110,1),(2,-110)} : 002 (7

3:71m,{(1,0,0,1), ( -1,0,1,0),(110,0

0 0
SN, 01

O‘m)ﬁ{

;001 (8

: 002 (10

)j
)}
} ;001 (9
}

3 :‘mn,{(pl(x):—1+x3, P, (X)=-1+x% py(x ):—1+x ;002 (11
2:700,{(11-1,2),(0,-4,10,-2)} : D2 .X (12
3:700,{(1-111),(0,-1,1,-2),(0,0,-2,5)} : 001 .2

1 1)(0 -3
.2:7)3)3,{( 1 2}[3 7]}:v>m(13

271N ,{1+ X—X*+2x%,—3x+3x° —7x3} : 002 (14
2:710,{(4115),(0,11,-5,3)} : ©02 : MW NN (15

4 0
0|4

277,200, ' o : 002 : NTNY ANIN
1 1

3:700,{(1,2,1,35),(0,11,-5,-4),(0,0,0,11)} : ©>02: 1w anIn0 (16

1 0 0
2 1 0

BT 30, | 30" 16 : D02 : NTNY NN
-2 7 37
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MHNY

S NPNININ NPINRDD MXNWN DY MOIYN 3 Yo (1

X+y—z+2w=0 X—y+z+w=0
D<3x—y+7z+4w=0 2)«x+2z—w=0 3){
—-5x +3y-152-6w=0 X+y+3z-3w=0

X—y+z+w=0
2X—-2y+2z+2w=0

JNNNNA 3-) 2,1 MOIYNN PINI Y DIYINN OXIANINN NNV, U, W -2 190)

NV AW LU -5 701m) DY02 INND N
U4V -5 100 002 INSD A
UV -5 10 902 INND )

: R* anmn Yv oanin-nn »w pnd (2
U =sp{(11-12), (3,-17,4), (-5,3,-15,-6)}
V =sp{(1,-111), (1,0,2,-1), (1,1,3,-3), (51,5,8)}
U -9 mNNnwm) 71 ,0°02 INSD N
V=5 MINNYNY THD ,DIDL INNND
.U 4V -5 7001 D701 INND
DMV D77 1WA 1IN U AV -5 TH1n) D701 INSD
'U+V =R* OND .
U ®V =R* OND

J a9 L U

.
—t

: B[R] 2NN Yv Dxann-nn »w ono (3
U =sp{1+x—x*+2x°, 3= x+7x* +4x°, -5+ 3x—15x* —6xX° |
V= sp{l—x+x2 +x3,14+2x% =3, 1+ X+ 3x* =3x%,5+ X +5x2 +8x3}

U +V -5 7001 D02 INSD N
UnNV -5 700 902 1880 .2

: B[R] 2N Yv oxanmn-nn »v ono (4
U= sp{1+ X+ X3, 142X+ X2+ 2x°, -1+ 2x + 3x° +2x3}
\ ={ p(x) e B[R] p(@) = p(-1) = 0}

U4V -5 100y 902 INND N
UV -5 1m o902 88 A
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U= sp{1+ X, X+ X2, 1+ x3}

: B[R] anmn b £2ann-nn »nv Pnd (5
V ={p(x) e B[R] p'(0) =0}

UV -5 110 9902 INND
M,[R] 20710 YW D¥aNIn-nn »w 9N (6
_J{ x+3y-5z X—y+3z
v _{(_X+7Y—15Z 2X+4y—6zj X,Y,Z€ R}

w:sp{ﬁ ol Y e éj}

W =51 U -5 100 D02 INSD N
U +W =D 100 D902 INsn .2

2

T

U NnW -9 111 903 INSD
.3 9990 MY THNN LAVYN NN ITYN

:V =M,[R] an7mn Y ©2anIn-nn nv Yond (7
1 1
U={AeV|A=-AT}, W={AEV|A(_1 _J:o}

W -5 U -5 700 D02 INND .
U +W -5 900y 9702 INSn
U W -5 19191 ©Y02 INSND

U +W =V ONN
U BW =V ONN

a0 b 2

=]

:V = M,[R] an7mn S DN IN-nN N Pno (8
U={AeV|A=AT} , W={AecV| Moy muown A}

U =5 1001 D02 INSD .

W -5 1010y D02 INSND

U +W =D 100y D702 NS0
U W -5 900 902 INsn .
UdWw =V .n

a0 U ¥

.R® 9w 2 Tnn 0anm-nn v WA U v (9
.dimU AW) =0 > 30311
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10 NN MVP ANV O (10
91NNV Sv oY 0N - Y W U v
LU +W =V oo N

dim(UnW) yawn 2

10 Tnn o MuPYann Vo o (1l
71010V Sy 00w 0N n-Nnn v WU v
U +W - UnNW S D»IWOND DYT09910 DN INSD

7 TR0 OIMOVPY AN VO (12
(U gW)dimU =4, dimW =5-v 75,V 5w oanmn-nn»v W - U
U +W -1 U W Sy D»IWIRD DYT007 NN INSD

Pp=ABcV FNTYOYn MumanIn VvV s (13

.A+B:{a+b|ae A be B} ST

: 199997 IN NN
sp(A+B)=sp(A)usp(B) .N
sp(AuB)=sp(A)usp(B) .2
sp(AUB) =sp(A)+sp(B) .
sp(A+B)=sp(A)+sp(B) .7
sp(ANB)=sp(A)nsp(B) .N

T 9y 071NN, R® Sw oanm-nn W -y U v (14
.U ={(a,b,c)la=b=c}, W={(0,b,c)}
.U W =R® o

.V =M [R] >1 (15
DPIVHON MXIVNN DD NX DNV Hwann-nn U »md N
NPIVDID-YVIND MXIVNN DD X ONN V DY an-nn W >
U AW =V »Iinomn
NPHYN MYNIWNRN MNIVNN DI X DIMNN V Dy anmm-nn U > .a
INNNNN MYDIVNIN MNIVNN DI IR DONN V DY anIn-nn W
U W 2V o
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Y90 MIIvn
B, ={(-15,25,1,0),(-15,-0.5,01)} , dimW=2 .x (1
B, ={(-2-110),(L2,0)} , dimU=2
B, ={(-10,0,2,(-10,1,0),(110,0)} , dimV =3

B,.v ={(0,0,-1,1),(0,1,1,0),(1,1,0,0)} dimU +V)=3 .2

Byv ={(-2-110),1201} , dimUnV)=2.)
3Xx+5y+2z=0 ) ) _ )
{—3X—y+2t_ ,B, ={(1,1-12),(0,2,-51)} , dimU =2 .x (2

—8x—y+5z+2t=0,B, ={(L-111), (0,11-2), (0,0,2,-5)} , dimV =3 .2
By.y ={(11-12), (0,-4,10,-2), (0,0,1,0), (0,0,0,1)} , dim(U +V) =4 .
N9 RRIY By.v ={(515,8)} ,dimUnV)=1 .7

U+V =sp{1+x—x2+2x3,2x—5x2+x3,x2,x3} ,dim(U+V)=4 .x (3
Byv = {5+x+5x+8x°} , dimU nV)=1 .2

B,.v :{1+x+x3,x+x2+x3,x2+2x3} , dimU +V)=3.8 (4
Byv ={-1+x*}, dimU nV)=1.2

By ={-1+x*1+x*} , dimU V) =2 (5

Bw{(_a 1 3] o
ol 2 G ) s
s (3 DI 1 e

By w ={(g éj} dimU AW) =1 .3
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Buz{(cl) ‘01)} dimU =1 BW:{G ‘D(é é)} CdimW =2 X (7
BRI e

By ={[8 8)} - dimU AW) =0 .3

NY D N LT
N (8
1 0 0Y(0O 1 0Y(0O O 0OY(0O O 1Y(0O 0 0OY(O O O
B,=4/0 0 Of/{1 0 0[,/O 1 0[O O Of/O O 1|0 0O O
O 0 0J)lO o 0J)lO 0 O0)Jl2 0 0)Jl0O 1 0)Jl0 0 1
dimU =6
il
1 0 0Y(0O 1 0Y(0O O 1Y(0O 0 0Y(0O O OY(O O O
B,=40 0 0/|O O 0,0 O Of/O 1 0|,/O O 1[0 0 O
0O o 0J)lo o o)J)l0o 0 O0)J)lO O O)J)lO O O0)lO 0 1
dimW =6
2
1 0 0Y(0O 1 0Y(0O O 0Y(0O O 1Y(0O 0 O0Y(O 0 O
o o o[/ O O|[/O 1 0/[/O O O|/O O 1|0 0O O
0O o0 o)Jlt0O 0 O)\O O O)l1 0 O)lO 1 0)JlO 0 1
B 1 0 0Y(0 0 0Y(0O 0 O
0O 0o 0,0 1 0},J0 0 O
0 0 0)J)l0o 0 0)l0 0 1
dim(U +W)=9
1 0 0y/0O O 0Y(O O O
B,w={0 0 0|0 1 0[,/0 0 Of, dimUnW)=3.7
0O 0 0JlO O O)lO 0 1
ND D
NN NORY (9
8.2 N9 NONY N (10
dim(U +W)=8,90r 10 ,dim(U nW)=4,5,6 or 7 (11
dim(UnW)=2,30r4 ,dim(U+W)=6or 7 (12
N9 NONY (13
.NOYN NHNY (14
.NOYN NONRVY (15
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DDA D'DAN 12AYN NXMVNAI NV TIIXIR NV

: R® Yv oovanv onm (1
B ={110), (0,10), 01D}, B,={(101),(011), (0,01) }
. B, ©7D25 DM MOPTNNIPN NOPI NN INSD N
[v]; -2 "y oY 0o
. B, ©025 DM MOLPTNNIPN NVPY NN INSD .2
V], -2 "y Mo NN

.B, ©02Y B, DY0D2NN 712YN NYIVN INNND )
M ];2 -1 N¥IVN NHD
.B, ©D1Y B, DYDANN 12PN NHIVN INND T
M ];2 -2 37 N¥IVN NHD
: TINID NIYON IR YN .71
Mg Mg ~[g -1

Mg Mg =g -2

o o)

: B[R] Yv D02 »w onn) (2
B =1+ %% x+X°}, B, ={1+x*,x+x%, x* }
. B, ©YD2Y DNY2 ML TNNIPI NVPI NN INYND N
[v]g, -2 M MoPY PO
. B, ©YD25% DNY2 MOLPTNNIPN NVPI NN INYD .2
V], -2 My Mo NN
.B, ©Y02Y B, DYD2NN 712¥N NYIVN INYND L)
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.B ©2025 D2 ML TNNIPN NVPI NN INYD N
[v]; -2 M MopY oo
.E ©025 02 mu»TINIPN MO NN INSD .2

[v]c -2 M MopyY oo
.E ©025 B ©Y02110 12y0 N¥IVN INSD L)

: M,[R] Y¥ ©>0>021 v 0N (3

.[M ]E: N NNIVN NN

.V O5v 902 B i omopaninV o (4
2112 {Uy, Uy, Uy b DYNOPNN 2D I
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Srmaon, {[ulu,l...[u,1} ,B DN 295
LOMNMPN 7NN M RN MYV NYNPNWYN T 120N

NOYD Mvn

1 0 O
[I\/I]E12= -2 0 1|2 (x,y,z—x-y) .2 (x,y-x-2z,z) .X (1
1 1 1
1 0 O
B _
NN .0 [M]Bz_ 1 1 1|4
-2 -1 0
1 0 O
[M];z: -2 0 -1]. (a,b,c—a-b) .2 (ab-a-c,c) .x (2
1 1 1
1 0 0O
-1 1 0
2 (xyzt)a (xy-xz-y+xt-z+y—-x) .N (3
1 -1 0
-1 1 -1 1
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